Pairs of sequences which have a unique realization by bipartite graphs (up to isomorphism) are characterized.
INTRODUCTION
All graphs in this paper are finite, undirected and without loops or multiple edges.
The degree d(p, G) = d(p) of a vertex p in a graph G is the number of edges of G, incident with p (i.e., having p as an endpoint). 
. ,m)
. G is called a realization of [4, ~b] ; we also say that G realizes [~, ~b] . The aim of this paper is to characterize unigraphic pairs. We will need the following known results.
n m THEOREM 1.1 [2] . Suppose al >/as >/ "'" >/an, and ~=1 ai = ~i=a bi . The pair [~, ~b] -1),(b2 .... ,b,.) ].
Proof. For 1 ~<j~n--1,
Proof. By condition (2), forj = n --1 we have: 
i=l i=l
Let h be the largest index i such that b~ >/j. Then in any realization G of [c~, ~] we have:
/'(p~)3{qi,...,qn) for i= 1 .... ,j, /'(p,) _ {q~ .... , q~) for i : j + 1,..., n. Proof The Lemma follows easily from Lemma 2.6. Proof. (a) The proof is by induction on 1. The case l = 1 is trivial. The case l = 2 was treated in Lemma 2.7. Suppose true for I' < 1 and let [r r be as above where (3) holds for Jo ,.--,J~-i ,Jl. Ignoring jt_l and letting jr = j(t_~), we get that [r r is unigraphic iff the following pairs are unigraphic:
The last pair can be written as: 
Sincejk < Jk -k s < J~+l, this is a contradiction. Now we have to characterize free unigraphic pairs. This we will do in the following sections. (For a graph G and an edge (p, q), G --(p, q) is the graph obtained from G by removing the edge (p, q), and for two unconnected vertices p', q', G w ((p', q')} is the graph obtained from G by adding the edge (p', q').)
THE HALF-REGULAR CASE
This case turns out to be the most tedious one; hence, we will break it into seven lemmas before summarizing it in Theorem 5.1. , not isomorphic to G [6 ] . Choose an index s > l such that (Ps, ql)e G [6] , this can be done since la ~ m(bx-1). Since a~ < m there exists an index t such that (ps, qt) r G [6 ] . Fix such t. Now we have to consider three cases. [6] . If (p~, ql) ~ G [6] we proceed as in case 1. Let (p~, qx) ~ G [6] , then k > 2 and (p~, q~+0 e G [6] , (Pk, qa+l) r G[~] (since P(P2) n F(p~) ----~), (p~, ql) 6 G [6] . In this case G = (G [6 ] --(ql, Ps) --(qt, P~) --(qa+l, P~)) tO {(q~, P2), (qt, Ps), (q,+l, P~)} is a realization of [4, ~b] and once more we enlarged [/'(ql) n {Pl ..... Pz}]-
. In this case we get another realization G to [4, ~b] , not isomorphic to G [6] , by defining
tO {(ql, P2), (qt, P,), (q~+x, Pl)}.
(Compare the proof of case 2.)
Since k 9 a >/m, I'(qt) ta {PI ,..., P/c} is not empty in G[ff]; hence, one of the three cases must occur.
Remark. It is possible to prove Lemma 5.2 by using a method analogous to the one we used in proving Lemma 5.1; however, the proof we presented here seems to be simpler.
The only remaining case is when a~ ~ a~ : a a ..... a~, bl = b2 ..... b,,. We will deal with this case in the following Lemmas. [4, ~b] is unigraphic iff bin_a1+ 1 --1 .... , b,, --1) ] is unigraphic.
The Lemma is self-evident. Proof. [6, ~b] [6, ~b] is free. 
b,~. Then

--b~ =n
The Lemma is self-evident.
